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Let f € Sk(I'y) be a Siegel cusp form of degree g and weight k on I'y, the Siegel
modular group. We want to prove the following

Theorem 0.1 Let g > 2 and suppose that k > g+1; let F' € Si(I',) with Fourier
coefficients a(T). Then we have

a(T) < p (det T)k/2—1/(29)—(1—1/g)ag+e (e > 0),

where a;l =4(g—1)+4 LnglJ + g% and where the constant implied in <,

only depends on € and F'.

For the proof one can use the Fourier-Jacobi decomposition of F'

F(Z) — Z Pm(T, Z)€2m'1:r(m7")7

m>0

were the summation goes over all positive definite symmetric half-integral (g —
1) x (g — 1) matrices. Then the coefficients P, (7, ) are Jacobi cusp forms. Now
the idea is first to estimate the Fourier coefficients of this class of functions. The
case k > g + 1 is treated by Bocherer and Kohnen. They use certain Poincaré
series for the Jacobi group and develop a kind of Petersson coefficient formula.
Unfortunately these series fail to converge absolutely in the case £ = g + 1.
Therefore we use the so-called Hecke trick and multiply every summand of the
Poincaré series with a factor depending on a complex variable s, such that the
new series Py (nr,s 1S again absolutely convergent for o =Re(s) sufficiently large.
Moreover this factor is chosen, such that the new series is again invariant under
the slash operation of the Jacobi group. Now the method is the following one:
we compute the Fourier expansion of the Poincaré series Py ;(n,r)5, show that
it is even absolutely and locally uniformly convergent in a larger domain of C,
that contains the point s = 0 if £k = g + 2 and take it as a new definition for the
Poincaré series in this larger domain. What is left to show is that these series
are Jacobi cusp forms and that the Petersson coefficient formula is still valid.
Afterwards we can show very easily the desired estimate.



